Gilp hoc sinh 6n thi dai hoc, cao dang niam 2009

GOT Y GIAI BE 06

Cau 1.1:
Hoc sinh tu giai

Cau 1.2;

. C 3
Tim tat ca cac gia tri ciia tham s6 m d€ phuong trinh (\/l— X —I—ﬁ) —X(1- X) =m c6

nghiém

Nhdn xét: (\/1——x+\/§)2 =1-X+X+2X(1-x) =1+ 2,/x(1-X)

x>0
b/k xac dinh: < 0<x<1
1-x>0

Pit t =v1-Xx++v/x,tacé t* =1+2,/x(1-x) =1+2,/x(1-X)
-1
S 1-x)=
uy ra /x(1-x) 5

Bay gio ta can tim khoang gia tri cta t. {Cdch don gidn va phtvgp véi moi hoc sinh 1
dung dao ham va tinh bién thién cia ham so}

Xéthamsd f(x)=+v1-x++/x véi xe[0;1],taco

I S W | e
C21-x 2dx 2| Jx(1-x)

() =0 VI=X - VX =0 & VEX VX e 1-x=x e x =[]

. 1\(1 . . . . ]
{Vdy trén moi khodang (O;Ej,(z;lj : f'(X) giez nguyén mot dau. Dé xac dinh dau

cia f'(x) trén O;l . ta chon X:le 0;l . ¢
2 3 2

V=X —x= /1—%—\E=\E—£>O.Suyra f (x)>0 voi xe(O;%j}

f(0)=1 f(Y=1
Bang bién'thién

x |0 v 1
f'(x) + 0 -
() / V2 \
1 1
Vay 1< f (x)=v1-x +/x <4/2,¥x €[0;1]. Hay 1<t <2
3
e V/Gi cach dat trén, p/trinh (\/1— X +\/;) — X(l— X) =M c6 dang:
2 -1

t3 =m o28-t*+1=2me2t3-t?=2m-1 (¥
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Gilp hoc sinh 6n thi dai hoc, cao dang niam 2009

Céch 1: Dya vio dd thi ham s6 y = 2t* —t* véi t €| 1,+/2 | c6 dang nhu dé thi (C) & cu

1.1 (da v&), suy ra gia tri cia m dé d/thang y = 2m+1 c6 diém chung véi d6 thi.
Suy ra gia tri cia m phai tim.
Céach 2:

Xéthamsé y = g(t)=2t> —t* trén doan [1\5} ta co

g'(t)=6t> -2t = 2t(3t —1) > 0 véi moi te[l;ﬁ].

Vay ham s y = g (t) déng bién trén doan [1;\/5 }

Suyra g(1)<g(t)<g(v2) <1< g(t) <4v2 -2, vsimoi te[l;ﬁ].

Do @6 p/trinh (*) ¢6 nghiém khi 1<2m+1< W2-20< mSfo—;.

e Két ludn: Pltrinh d& cho c6 nghiém véi moi m e {0; ZI —g}

Cau I1.1:

_ . X2 + Xy =2 (1)
Giai h¢ phuong trinh:

x3+2xy2—2y: X (2)

Giai:
T (1) tacd Xy =2 — X2, thé vao (2) ta dugeaX® +2y(2—x2)—2y =X
o X —x+2y(2—x2 —1) -0 x(x2 —1)—2y(1—x2):0

2 — =
<:>(x2—l)(x+2y):0<:{x R c{x +

X+2y=0 X=-2Yy

e Tr/hgp X=-1, thay vao (1) tadugc 1-y=2< y=-1
x=-1

y=-1

e Tr/hgp X =1, thay vao (1) tadugc 1+ y=2< y=1
x=1

Tr/hop nay hé c6 nghiém {

Tr/hop nay hé cé nghiém { 1
y =

o Tr/hgp X =—-2Y, thay vao (1) ta dugc 4y2—2y2 =2 y2 =l y=41.
Vi y=1taco x=-2.1=-2;véi y=-1taco x=-2.(-1)=2
. o X=2 [x=-2
Tr/hop nay hé c6 hai nghiém X
y=-1'ly=1
e Két luan: Hé da cho c6 4 nghiém :
Xx=-1 [x=1 [x=2 |[x=-2
y=-1"ly=1"[y=-1"|y=1

Nhdn xét: Con nhiéu cach giai khac, cac ban tu tin thém nhé !
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Gilp hoc sinh 6n thi dai hoc, cao dang niam 2009

Cau ll.2:
Tim m dé phuong trinh 2x2 —2mx +1=3v4x3 + 2X (1) ¢6 hai nghi¢m thuc phan bict.

Nhan dang : Bé y \/4X3 +2X = 2X(2X2 +1

Vé6id/k x>0, p/trinh (1) c6 dang mf (x)+ng(x)+ py/f (

o D/k xac dinh: 4x3+2x20<:>2x(2x +1)zo@xzo.

o Khi d6 < (2x2 +1)—m(2x)—3 /2x(2x2 +1) -0 (2)

Chia hai vé cia (2) cho 2x* +1> 0, ta duoc:
m 22X -3 22X
2x°+1 2x° +1

=0 (3)

ebatt=

ta can tim khoang gia tri cia t, véi X >0
2x% +1

P/trinh (3) tr thanh 1-mt? -3t =0 & mt* +3t-1=0 "\(4)

Tacét—\/ 2x = \/
2x% +1 / 2 \/_
2x

£ 1
Dau “= ”xayrakh1X-—<:>X =—<:>X—— (X>0)

2X J2

1
Vado x>0 nént= >0.Suyra 0<t<—.
4 1

2x°+1

/ 2X
Véicach dat t = > 1 (*)y ta'hhan thdy s nghiém cua (1) bang s6 nghiém cta (*). Do
X +

do (1) c6 2 nghiém phan biét khi va chi khi (*) ¢6 2 nghiém phan biét. Bai X >0 nén ta
xet hai tr/hgp sau:

& P/trinh (*) conghiém X =0 khivachikhi t? =0<t=0.

Thay vao lai (¥)yta co p/trinh 2Xx=0< x=0.

Vay, v6i.t =0, P/trinh (*) ¢6 1 nghiém duy nhat x =0.

Suy ra d/k dé (*) c6 hai nghiém1a t > 0.

1 2X
-f-the(O, :| taco t? = 5
{2 2x°+1
Viy (1) c6 hai nghiém thyc phan bi¢t < (*) ¢6 hai nghiém dwong phan biét.
b/k @é (**) cd hai nghiém duong phan biét 1a

o AP X2 —2x+12 =0 (**)

4
P>0 < t72>0 ol-2'">0et' <o 0<t<—
2t 2 42
S>0
~(-2)
, >0
4t
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Tir d6 suy ra, (1) c6 hai nghiém thuc phan biét < (4) c6 mot nghiém t duy nhat thudc

1
khoang | 0;— |.
g[ ﬁj
_3t 1

o \V&i O<t<4i,tacé(4) <:>m=1—<:>m=——% (5)

i2 t2 t2

. 1 .
H { Ta dung PP khao sat ham vé phai trén 0 <t < iy de tim m de (5) c6 nghiém}

{2

. 1 1
Xét ham so6 y=f(t)=——§ voi 0<t<——=,taco

2t IR

2 3 1 2 2 2 1
f't)=—=+2==|3-2|: f'(t)=0=3-2=0t=Sc|0:—=|.
() t3+t2 tz( tj (t) t 36( \4/2j

, . 1
Bang bién thién cia ham so y = f (t) trén khoa 0,— |.
ang bién thien cua oy ( ) ang( (‘/Ej
2
X 0 A }g/z
f’(X) - 0 +

+00

f(x) J2-342
9 /

Duya va0 bang bién thién ta suy ra gid tri caa m dé (5) co nghiém maot nghiém t duy nhat véi

Khi m:—% hoic m>+/2 —3%2 .

e Vay, (1) co6 hai nghiém thuc phan biét véi m = —% hoac m > \/E —34/5 .

Nhdn xét: Néu.cac et chia hai vé cta (2) cho 2X thi lgi hon rat nhiéu !

- Nhan thiy X = 0-khong man p/trinh (2) v&i moi m.

- Vay v6i X>'0, chia hai vé ctia (2) cho 2X va lam nhu trén. Bai giai s& gon hon . D&
trinh bay hen.

Cau lll:
Cho ham-sé y = x5 —3x2 (C).

Tinh diénrtich hinh phing giGi han boi do thi (C) ham s trén va tiép tuyén ciia no tai diém
thuécdo thi ham so ¢6 hoanh do bang 2.

& Viét p/trinh t/tuyén voi (C) tai X=2:
Véi x=2,taco y=22-32%=-4.
e Dao ham: y’ = 3x* —6x.
Hé sb goc cia t/tuyén tai (2,-4): y'(2)=3.2°-6.2=0.
e P/trinh t/tuyén véi (C) tai (2;-4):
y—(-4)=0.(x—2) hay y =—4.
e P/trinh hoanh d¢ giao diém cua t/tuyén trén véi (C) x3=3x2 =4
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Giai p/trinh nay dugc hai nghiém X =-1x=2

e Viy dién tich hinh phang can tim bang:
2

i(x3—3x2+4)dx 27

S= ﬂx3—3x2+4‘dx:
]

4
= ‘[X— X3 +4xj
4

-1

Cau lv:
In2 2X
Tinhtich phan: | = | e”"dx

0 (2e2x +eX —1)

>

ePitt=e=dt=edx.Véi x=0tacot=1:vsi x=In2tacot=e"?£2.

Kh'd’I—Jl' ex(exdx) J%
- _o(2e2X+eX ) 1( +t— 1)

Xét ham s f (t)=——— = L
(22 +t-1)"  [(2t-1)(t+1)]
L t a b C d . _
Glasu:f(t): 5 = >+ 5+ + ,V(nm(_nte[l,Z].
(2t2+t—l) (t+1) (Zt—l) t+1 2t-1
t (4c+2d)t3+(4a+b+3d)t2+(—4a+2b—30)t+(a+b+c—d)
2 2~ 2 2
(2t +t—1) (2t +t—1)

véimoi te[1;2].
Dong nhat cac h¢ s6 tuong tmg etia)cac lily thira ctia t ¢ tur thue hai vé ta dugce hé
4c+2d =0
4a+b+3d =0
—4a+2b-3c=1
a+b+c-d=0
2 1 2

Giai hé trén ta duoc a:—l;b:—;c:—— d=—.
9 9 27 27

Suyra f (t)= t I ! 2

(2t2+t—1)2 9(t+1)° 9(2t—1)2_27(t+1)+27(2t—1)

2

Vaylzj‘ -1 2 1 2

9(t+1)" ’ 9(2t-1)° - 27(t+1) " 27(2t-1)

i?t:l _I((Zt 1) 12d(t+1)+ifd(2t—1)

2t -1)’ C27d tel 279 2t-1

1
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L r H(um+_mptm

27

-1
+l 2.1 In3—|n2)+—|n3_i+—ln2
9 27 27 18 27

Cau V:
Y A 5 ~ o X A 1 1
Cho a, b, c la ba so thyc duong théa mén diéu kién E+B
ab bc ca
+ +
a3 + b3 b3 + c3 c3

Ding thirc xay ra khi nao?

biéu thuec Q =

+ad

1 N .
+E:3. Tim @i tri 16n nhat cta

Taco Q= L + 1 + L ___1 + L + L
a®+b® p*+c® c+a® a® p* b LC cia
a

ab bc ca b
e Ap dung bt dang thirc Cosi cho hai sé duong, ta co

2 2 2
a~ b a’ b 1 1
—_—F—2>2 =2+ab.Suyra < 1
b a N\ Y 02 T odan @

b a

2 w2

a b
xayrakhi —=—<<a=Db

b a

Déu 2
b? c? 1 1
Tuong tu ta c6 — +— > 2+/bC . Suy ra < (2)
c b b> ¢®  2Jbc

c b

Déu “="xayrakhi b=c¢
2 .2
c” a 1 1
Vacé —+—2>2yac ~Suyra < 3)

a ¢ cz+a2 2+/ca
a ¢

Déu “=" xay rakhi C=a.
e Cong (1), (2)va (3) theo vé ta dugc
1 1 1 < 1 1 1

= + + < + +
Q a> . b? b® ¢ ¢ a® 2Jab 2Jbc 2Vea
a

b c b a ¢
1 1 1 1( 1 1 1
Q= + + < —[ + + j 4)
a? b’ b2 o2 ¢ a 2\Jab ‘he +ea
b a ¢ b a c
o Mt khac ta c6 (4p dung bat dang thirc Cosi):

£+122 ll—i (5). Déu“=”xéyrakhi£:1<:>a:b
a b ab ab a b
Tuong tu, ta co 14—1 i (6) Déu “=" xay rakhi b=c¢

b c_\/bc ' '
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Gilp hoc sinh 6n thi dai hoc, cao dang niam 2009

Va—+—2>2— (7). Diu“="xayrakhi c=a.

e Cong (5), (6) va (7) theo Vé ta duoc

2(1+£+lj> 2 + 2 + 2 <:>£+£+l> L + L + L
a b c) Jab Jbc Jea a b ¢ Jab oo +ea
. .1 1 1 1 1 1
Keét hop véi gia thiet —+—+==23,taco + + <3 (8)
a b c Jab  be  Jea
. X 1 1 1 3
e Sosanh (4) va(8)tasuyra Q = 7 2 + 7 o + 2 > SE
—— —+— —+
b a ¢ b a ¢
a=b=c
Diu“="xayrakhi<1 1 1 <a=b=c=1.
—+—+==3
a b c

. . . 3
e iy gia tri 1on nhat cua biéu thire Q bang 5 dat duoc khi a =b=¢c=1.

Nhdn xét: Con c6 nhiéu cdch 1am khac, cac em tu nghién Cigu thém. Trén ddy la loi gidi
chi tiet, cu thé dé cac em tham khdo.

. I 1 14 : N :
Chay sw dung cac bat dang thirc —+ — 2 de'gop cac hang tir, khi tim gia tri nho

a b a+b

nhdt ciia biéu thire.

Cau Vla.l
Trong mit phang v6i hé toa d6 Oxy, choitam giac ABC c6 dinh A nam trén duong thang
(d ) :X—4y—2=0, canh BC song song véi (d), phwong trinh duong cao BH: X+Yy+3=0

va trung diém canh AC 1a M (1; l) . TAm toa do cac dinh ctia tam giac ABC.

X=2+4t
y=t
-3+t

!

,(teR)

e P/trinh tham s6 cua d/théng(d ) :{

, , X=
P/trinh tham s6 ¢iia d/thang BH : { , (t'eR)
y =

e Goi toa.do cua Ae(d) la A(2+4a;a);toad© cua BeBH la B(—3+b;—b).
Xa + Xe =2Xy

Ya+Yc =2Yum

Xc =2Xy — Xa Xc =2.1-(2+4a)=-4a

<:>{YC =2¥m —Ya <:>{y(: 22.1—(8.:2—)61
eTaco CB=(4a+b-3;a-b-2); CA=(2+8a;2+2a).

Vecto chi phuong cita (d) va BH 1an lugt 1a ug =(4;1); ugy =(L-1)

Biét ‘M (1;1) 1a trung diém ciia AC nén ta co: {

.Vay C(—4a;2-a)

e Theo gia thiét ta c6 BC || (d) néntacoé CB cing phuong vé6i Q.
Suyra (4a+b-3).1-(a-b-2)4=0<5b+5=0<b=-1
Laico AC L BH ,suyra ﬁi@@ﬁ.uBH =0
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Gilp hoc sinh 6n thi dai hoc, cao dang niam 2009

< (2+8a).1+(2+2a).(-1)=0 = 6a=0<a=0

e Viyta co B(—4;1) : A(Z;O) , C (0; 2).
Nhén xét: Khi tinh toa dg cdc diém ma dé da cho diém dé thugc mgt d/thdng , chiing
ta nén chuyén pltrinh d/thang dé vé dang tham so dé Qoi toa do diém can fim theo
Mot dn so. \’/iéc’li‘im nay rat co loi v‘ly SO an cd’aj)éli toan sé it di, khi khai thac ta chi
can dung den so gid thiet, so tinh chat bang so an ma thoi.

Cau Vl.a.2
Trong khong gian véi hé toa @6 Oxyz cho mit phang (P) c6 phuong trinh: X+y+2+3=0

vacacdiém A(3;11), B(7;3,9), C(2,2,2).
Tim toa do diém M thudc mat phang (P) sao cho ‘MA+ 4MB + 9|\/|C‘ dat gia trj nhonhat.

Péu tién ta cin bién ddi vecto V= MA+4MB +9MC thanh mét vecto.
Cach lam:

Phan tich \7=W+ﬁ+4(m+ﬁ)+9(m+ﬁ):14W+ﬁ+4@+9ﬁ
Pé phan tich v thanh mét vecto ta tim diém | sao cho IA+41B+9IC =0

Lic do v =14MI

e Xét v=MA+4MB +9MC, taco
Q:W+m+4(W+E)+9(W+E):14W+m+4@+9ﬁ

e Xét diém | sao cho m+4@+9ﬁ:6<:>O—A—a+4(@—a)+9(R—OI)=6

< OA+ 408 +90C 1401 =0 < OP< = (OA+ 408 + 90C
1 1 6
x,:ﬂ(xA+xB+xC):E(3+7+2):7
et 1 bing 1y, 130223 ey 1[6.3.8
Toadd cua | bang y,_14(yA+yB+yC)_l4(1+3+2)_7.HayI(7,7,7j
1 1 6
Z,=ﬁ(ZA+ZB+ZC)=ﬂ(l+9+2)=7

e Vay, voitl 9;E;E taco IA+41B+9IC =0.
777

Suy ra.v = MA+4MB +9MC =14MI .
= M =‘MA+ 4MB+9MC‘ =14\W\ — 14MI

ONhuVay‘l\/lA+4|\/|B+9|\/|C‘ dat gia tri nho nhat khi MI nho nhit <> M 14 hinh

chiéu cia | trén mat phang (P)
s 6.3.6) . s .
Xét duong thang (d) qua | 7;7;7 va vudng goc véi mat phang (P), khi d6 (d)

nhan vecto phap tuyén n= (1; 1; 1) cua (P) lam vecto chi phuong cua (d) .
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x:%+t

e P/trinh tham sé ctia (d): 5y = /+t teR).

z_ﬁ+t

Diém M cén tim thoa yéu cau d¢ 1a giao diém cta (d) va (P).

Céc em ty xé4c dinh nhé ! (bing cach gidi h¢ hai p/trinh ciia (d) va (P))

Céu Vll.a::
’ 7 7 3 2 16
Tim hé s6 x* trong khai trién da thic cua biéu thie: P = ( X2 —9x< +23x —15)

Cach 1:
Taviét P = [xz(x—9)+(23x—15)]16 vaxem a=Xx’(x-9);b=23x-15.

Ap dung khai trién (a+b Z:Ckan “b" | ta co
k=0

16
P:ZCl"G(xz(x—Q)) (23x-15)" ZC1k6x32 &(x-9)"°™ (23x-15)"

k
_chk6x32 2 (x-9)°" > cl(23x) (-15).
i=0
S X ok 1 322k 16K ~i (oar kT (_1ey
=D > Ciex ¥ (x=9)" " C, (23x)"" (-15)
k:Oi:O

16

ZZCka 15) (23)k ik 32 2k(x 9)16_k

k=0

16 k K ~i i k—i 32_k_i16_k m ,16-k-m m
= 22 CliC (I8, (23)" TS, O X (-9)
=0i= m=
16 k 16-k kl32kl 16—k-m m
>y ChCL(-15) (23) Cig ™" (-9)
i=0.m=0
16—k

ClGC C16 k( 15)I (23) k—i (_g)m X48—2k—l—m

m=0

T
O

=
[o)}

I
Mx

=

o
Il
o

Tir d6 ta thy, cac sb hang chira X* 12 C1k6C|i(Clné_k (—15)i (23)k_i (—9)m xA8-2kA=m 6

xH82kAM _ 4 a8 _2k—i—m=4
S 2k+i+m=44 (1)
m,i,k e N

0<m<16-k (2)

0<i<k (3)

k<16

Cong (2) va (3) theo vé ta dugc m+i <16 (4)

biéu kién:
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Tu(l)tasuyra 44-2k =i+m<16 < 2k >28 < k >14.
Vay 14 <k <16 va k e N néntacé céc tr/hgp sau:

e k =14, thay vao (1) ta tinh dugc m+i=16, suy ra i =16 —m, thay vao (3) ta duoc
16-m<l4dem=>2.
Mait khéc, tr 2)taco m<16-k=16-14=2.Vay m=2,suyra i=16-2=14.

& Tr/hop ndy ta co hé sé ciia sé hang chira x* bang
chkeicm , (-15) (23) ' (-9)" =cl4clic? |, (-15)"* (23) ™ (-9)?
=Cjs.15".9% =9720.15"

e k=15 taco i+m=14.

Tu (2) taco 0<m<1. Matkhac tir (3)taco 14—m <15 < m > —1. Xét hai tr/hgp sau.
*Véi m=0,tacod i =14 (théa i <k)

& Tr/hop ndy ta co hé sé ciia sé hang chira x* bang
chkeliem , (-15) (23) ' (-9)" =cickicy 15 (-15)" (23)° 7 (=9)°
=Ciz Cis.C.15M.23=5220.15"
*Véi m=1,tacé i =13 (théa i <k).
& Tr/hop ndy ta co hé sé ciia s6 hang chira x* bang
K ~i~m i K—i 13~1 15-13 1
chcich  (-15) (23)¢" (-9)" = Cicick 15 (-15)%(23)° ™ (-9)
= CI2Ci2 Ch.(~15)" (-9).23% = 7998480.15' = 533232.15'

e k=16 taco i+ m=12.

T1‘I(2)tacc') 0<m<0,suyram=0,dodé '=12.

& Tr/hop ndy ta co hé so ciia so hangichita x* bang

ckelicm , (-15) (23) ' (-9)" =cifc2cy 15 (-15)%(23)° 7 (-9)"

= CeCiz.cJ.15%.23" =1820,45".23*

Vay c6 4 cap gia tri cia (k, I m) la (14,14; 2), (15;14;0), (15;13;1),(16;12;0).

e Heé s6 cuia cac s6 hang chira x* trong khai trién biéu thirc d4 cho bang

9720.15* +5220.15'* +533232.15** +1820.15'%.23*
Céach 2:

Phan tich P = (x3 —9x% + 23x—15)16 = [(x—l)(x—S)(x—?,)]16
P=(1-x)"(3-x)"* (5-%)"

Khai trién cac nhi thire (1-x)°, (3=x)"°, (5—x)"° tac

16 16 16
P=Y"ck(-1) x> cnaem(—1)" x> ch 5 (-1)" X"
k=0

m=0 n=0
Pat &, =Cls (-1)"; b, =CR.3°™(-1)"; ¢, = Cl.50" (1"
16 16 16
Khido P=>"a,x.> b,x"> c,x"
k=0 m=0 n=0

Hé sd cuia cac s6 hang chira x* trong P la:
_ (4 ~0 916 ~0 15 _ Al5 (15 ~4
a4 -bO -CO - C16 -C16 -3 -C16-5 - 3 -5 -C16
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azb.co=

azbyc =

a,0,.co =

a,.y.C, =

a,b.C =

a.bs.cy =

aby.cy=

ab,c =

ab.c,=

ay.0,.co =

ay.y.cy =

890y ¢ =

ag.by.C3 =

ag.b,.C, = ’ o

Hay tinh 15 s6 hang trén‘vél cong lai roi ket luén nhé !

‘ Gia tri tinh duoc bang: 82092690316801757812500 (Qua dd).
O day Long da dung Maple dé tinh cic ban a !
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Cau Vl.b.1 7
Trong khong gian véi hé toa do Oxyz, cho hai duong thang
X=1+t x=0
dl: y=0 va d2: y=4-2t'
z=-5-t z=5+3t"

Tim M edl, N ed2 sao cho MN J_dl, MN J_d2.Viétphu0ng trinh tham s cua

duong vudng goc chung cua d; va dp.

e Goi toa do cia M (1+m;0;—5—m), N(0;4—2n;5+3n), (m,neR).
Suyra MN = (-1-m;4-2n;10+m+3n)
e VVecto chi phuong cua (dl),(d ) lan luot bang ul —(1 0; 1) (O -2; 3)
Theo gia thié, MN L d;;MN Ld, néntacé MN Lu,, MN iuz

MN.u, =0 —1-m).1+(4-2n).0+(10+m+3n)(-1).=0
swra{ m {( )+(4-20) 0+ (10+ m+30) (3

MN.u,=0  |(-1-m).0+(4-2n)(-2)+(10+m+3n).3=0

{—2m—3n—11:0 m:—7%7
=

<
3AM+13n+22=0 __1
m n= }/7

Vay M[—22;0,-— |, N[ 0,22
17 17 17'17
e Suy ra MN = @%@
17 17 17
Puong thang MN 13 duong vudng goc chung cua (dl) va (dz). MN di qua diém

M (—@'O;—%j va nhan vecto Ul = %W =(2;3;2) 1am vecto chi phuong.

17°
—_60

P/trinh tham s6 ciia duong thang MN 1a {y =3t : (t € R).

z:—%7+2t

| cauvib2
Trong mat phang v6i hé toa dd Oxy, viét phuong trinh dudng thing di qua gbe toa do va cét

dudng tron (C): (X— 2)2 +(y+3)2 =25 thanh mot day cung c6 do dai bang 8.

O ddy t6i sira lai 14 “Viét phirong trinh dwong thang”. Béi vi néu “viét phirong trinh
dwong tron” thi ¢6 vo 6 duwong tron théa man dé bai.

That vay, ta thdy dé dai day cung bang 8 bé hon dwong kinh ciia (C) (bang 10) nén c6
Vo s6 cap. diém A, B trén (C) sao cho ddy AB c¢6 d dai bang 8. Xét truong hop A, B, O
khéng thang hang, khi @6 moi duong tron di qua ba diém A, B, O théa mn yéu cdu bai
toan. C6 v sé duwong tron nhu thé.

e Gia sir d/thang can tim (di qua gdc toa d6) c6 p/trinh (d ) Ty =kx (k € ]R) .
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e P/trinh hoanh d¢ giao diém cia (d ) va (C):

(x=2)" +(kx+3)" =25 < (k* +1)x° +(6k ~4)x-12=0 (1)

Vi d/thang (d) di qua O(0;0) ndm trong (C) nén (d ) ludn cét (C) tai hai diém phan biét
v6i moi K .

Ciing c6 thé tinh A = (6k +4)° +12(k2 +1) >0, suy ra (1) ¢6 hai nghiém phdn biét.

e Goi A(X;;¥;), B(Xy;Y,) 12 hai giao diém cta (d) va (C). Khi dé X;X, la hai nghiém
b 6k-4 C 12
cua (1) nén theo dinh Iy Viettaco X + X, =——=——5—; XX, =—= .
() inh ly 1 T T T T YT T e
eDo ABe(d):y=kx néntaco y, =kx;; y, =kx,.

oTac()AB:\/xz—x12+( Vi) \/( % )"+ (kxp —kx)°

Suyra AB® = (k2+1)(x2—xl k2+1 [( LX) —4x1x2}

2 (2 6k —4)° 6k 4)°
AB =(Ik?+1)| | -2 4 -3 48
ke +1 K241

e Theo gia thiét, ta co AB =8.Suyra (—+48 64, (AB2 =82 :64)
k2 +1
< (8k—4)" ~16(k? +1) = 0 < 20k” — 48k 0
12

Giaitadugc K =0k =— E

e Trudc khi két ludn, ta cin kiém traxem dudng thing song song vdi truc tung (c6 hé sd
goc khong xac dinh, c6 p/trinh dang X = a) ¢ thoa de bai khong.
Xét twong giao cua truc tungyedp/trinh X =0, va (C):

Tung d6 giao diém thoa p/trinh (0— 2)2 +(y +3)2 =25
<:>(y+3)2 =2loy43=+/21 < y=-3+4/21
Ta c6 hai giao.diém M (O;—3+\/ﬂ), N (O;—3—\/Zl)

MN :\/(o—o)2+[—3—ﬂ—(—3+ﬁ)}2 = (2\@)2 =2.21>8.

Trlhop nay khong thoa yéu cau bai toan.

12
¢ TOm lai, c6 hai duong thang thoa yéu cau bai toan co p/trinh 1a y =0; y = EX

Cau VIl.b

Giai phuong winh: (26-+1543) —(8+443)(2+43) +(2-3) " =0, @

o Nhan xét (2+\@)(2—\@)=1; (2+J§)3 —26+15/3.
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Suy ra (2—\/§)X:(2+1ﬁ)X va (26+15V3)

e Dt t=(2+43) ,taco (2-43) :% va (26+15V3) =t (t>0).

2+ )" =23 |

P/trinh (1) tré thanh t3 —(8+4\/§)t —t %

2 5]

O ddy ta @3 phan tich

2 3) 7 =(2-43)" (2- 3_2:(2_\6):
R T
<:>(2—\/§)Zt4—(8+4\/§)(2—\/§)212+1:0

<:>(7—4\/§)t4—(8—4«/§)t2+1:0 ?)

Pat u=t2,u> 0, p/trinh (2) tré thanh (7—4@)u2 —(8—4J§)u +1=0 3)

C6 thé nhan thay tong cac hé sb cua (3): a+b+c=(7—4\/§)—(8—4\/§)+1=0 nén
c 1 2

3) ¢6 hai nghiém u=1va u=—= =(2%1/3

3 ghigm 272l (23]

Hodic tinh A=(8—4\/§)2 —4(7—4x/§):84—48\/§:(6—4\/§)2
8-43+(6-43)
2(7-443)
8-4V3-(6-4y3) " 4
o 27-4B)  7-43

eVéiu=1tacot?P =1t =1. (t>0)

Vay (3) co hai nghiém U =

:7+4J§:(2+J§)2

u

Taco (2+\/§)X =1 x=0
o \/Gi u:(2+\/§)2 ta co t2 :(2+J§)Z ot=2+43.

Do d6 (2+\/§)X :2+\/§<:>x:1

e TOm lai, p/trinh (1) c6 hai nghiém 1a x =0;x =1.
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