Gilp hoc sinh 6n thi dai hoc, cao dang niam 2009

GOl Y GIAI PE 04

Céau I.1;

Hoc sinh tu giai

Cau l.2:
Tim trén truc tung nhitg diém M ma tir d6 ké dugc hai tiép tuyén dén do thi

3 1 . . . A
(C) Ny = x* 3 X2 + 2 dong thoi hai ti€p tuyén do6 doi xtirng nhau qua truc tung va vuéng

g0c vai nhau.

Hién trong SGK GT12 chuan (co ban) khéng trinh by diéu kién tiép xtic cua _hai do thi
nén bai giai sau day toi trinh bay theo cich thong thuong (dung toa d6 tiép diém).
& Diéu kign cin
e Goi M (0; m) € Oy va k;,k, lan lugt 12 hé s6 goc cac duong thang qua Mvatiép xic
V6i do thi (C).
P/trinh cac duong thang d6 a:

(d):y=kx+mva (d'):y=Kk,x+m

= Giasir (d) va (d') déi xtmg nhau qua tryc tung va lan luot tiép tlc véi do thi (C) tai
€

céc diém 0 toa do (X Y1), (X2;Y2)- (%2:¥,) € (d")
Khi d6 ta c6 hai hé / )= (©)
1Yo) e
Y1 =kpq+m = 22
y1=X14—§X12+ Hé s6 goc
2 Cua tiep
3 tuyén tinh
k1 = 4'Xl - 3X1 theo dao ham
Bang cach khir Ky, y; va Ky; Yy, trong hai hé trén ta thu duge hai phuong trinh
6X —3x +2m-1=0 < 2m-1=-3x(2x’ 1) (1)
6X; —3x3 +2m—1=0 (< 2m-1=-3x} (2x} 1) )

= D¢ y ring vi d6 thi (C) nhan Oy Iam truc dbi xtmg (tinh chdt ciia ham sé chdn) va hai
tiép tuyén (d),(d')déi xtng nhau qua truc Oy suy ra hai tiép diém (Xl; yl), (Xz; y2)
ciing d6i xtmg nhau qua tryc Oy.

Suyra Xp+x,=0va y, =Yy,

@ Mt khac hai tiép tuyén vudng goc nhau nén ta ¢ ki .k, = -1

=N (4xi3 —3x1)(4x§ —3x2) =-1
& XX, (4x12 —3)(4x§ —3) =1 XX, [16(x1x2)2 —12(x12 + x§)+9} =-1
=32 [16(x1x2)2 —12[(xl + X, )2 — 2x1x2} + 9} =-1

Thay X, + X, =0 vadat t = XX, vao ta dugc:

t(16t° ~12(-2t)+9) = 1> 16t + 24t* + 9t +1=0 < 1
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Nhan (1) va (2) theo vé ta dugc
(2m-1)" =9(x%, )’ (lez —1)(2x§ -1

)
< (2m —1)2 = 9(x1x2)2 [4(x1x2)2 — 2[(x1 + X, )2 —~ 2x1x2J +1}

ot? (4t2 + 4t +1).
9

Biéu dién theo t ta duoc (2m —1)2

e Truomg hop t = -1, taco (2m—1)° =9.1.(4-4+1)=9
m=2

<:>2m—1:i3<:{
m=-1

Biét X, + X, =0 <> X, = —X% . Kndng mét tinh tong quat c6 thé gia sit X, > 0 (boi vi-hai
diém (Xl; yl) : (Xz; y2) d6i xtmg nhau qua tryc Oy nén hai s6 Xq, X, trai dau).
Véit=-1tacod X% =—X =—-1< x =1.Suyra x, =—-1

Hé s6 goc cac tiép tuyén k; =4.1-3=1; k, = 4.(—1) —3(—1) =-1

Trudng hop ndy ta tim duoc hai cip duong thang

(dl):y:x+2;(dl'):y:—x+2
Va (dz):y:x—l;(dz'): y==x-1

1 2 9 1 9
e Truong hop t = —=, tac(2m—1)° = —| 4—~1+1 |= —
rudng hop == ta c6(2m -1) 16( 16 j

64
- =106
m=g
1

1 i 2 1 1
Voit=——taco X,.Xo =X =—— < X% =—.Suyra X, =——
4 1-X2 1 4 175 y 2 5

= 2m—1:4_r§
8

3 3
. . . 1 1 1 1
Hé so goc cac tiep tuyén k, =4.| = | =3.==-1; k, =4.| —=| =-3| —=|=1
¢ sO goc cdc tiep tuyen (2) > 5 ( 2) ( 2)

Truong hop nay-ta tim duoc hai cip dudng thing

o)y o 1
(dg).y_x+16,(d3).y_ T
(d,):y=x+ > d, )y = —x+>
va(d4).y_x+16,(d4).y_ X+og

«Thir lai (Piéu ki¢n dii)
Chi can kiém tra xem cac diém (Xl; yl) , (Xz; y2) c6 phai 1a tiép diém hay khong,
e V6i t = -1 ta co hai tiép diém cua hai tiép tuyén
X =1 X =-1
3 1 va

1
Y1:14—§-12+§=0 ylz(—1)4——.(—1)2+§:0
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X =1
Thay { 177 vao pltrinh caa (dy):y=x+2 ,tadugc 0=1+2 khong théa man.
1

Thay { ! 0 vao pitrinh cia (d,):y =x-1, ta dugc 0 =1-1 théa man.
V1=

Vay cap duong thang (d,):y = x—l;(dz'): y=-—x-1.
Suy ragiatri m=-—1, tic 1a diém M (0;—1) thoa dé bai.

1 2 .
e Tuong ty véi t = 2 ta kiém tra dugc cap duong thang
1. .
(d ) y = X+::::— (d3 ) y:_X+E la tiép tuyén cua (C)
Tacla m= i1 hay diém M 0;E thoa dé bai.
16 16

e TOM lai c6 hai diém thoa d& bai la: M (0;-1) hodc M (o %)

Kiém chitng Két qua bang cach vé do thi (C) va cac-tiép tuyén trén phdan mém
Geomester’s SketchPad hogc Cabri II Plus,...

Nhdn _xét. RG rang cach lam trén qué dal va phirc tap. Tuy nhién néu khong duoc dung
diéu kién nghiém kép hoic diéu kién tlep xtc cua hai d6 thi dé giai cac bai toan tiép tuyén
thi cach lam trén day dép tmg duoc yéu cau.
Viy, dé thi c6 ra dang nay trong phan chung hay khong ? Néu c6 liéu cé dung duoc diéu
kién tiép xtic cua hai do thi (SGK nang cao) dé giai hay khong ?
Hay cho mot doi 161 nhan xét !
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